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(Large time behavior of solutions of initial-boundary value problems for
Hamilton-Jacobi equations in bounded domains)
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00000, 000 Hamilton-Jacobi (HJ) 00000000 O0OOOO

ut(x,t) + H(z, Du(x,t)) =0 in Q x (0,00), (1)
oooo, 2)
u(z,0) = f(x) in Q (3)

0000oooo. oooooogOo, )obooooooo, (ii)Dirichlee DO OO0OOO. O
00,H:OxR* - ROODODOD0OOO0O0OO0O, w: Q- ROODDDOOO00, w = du/dt,
Du = (0u/0z1,--- ,0u/0z,) OOO.

0000000000 0000O000o0oO0O00,0000000 (Doboooooooo
O0oo0oooO0)ooooooo.

O000HJODOOODDOOODOO0OODOO000O0O000O Kruzkov, Lions, BarlesOD OO 0O O
000.00w+HDuw)=0000HIOOO,000,000000HJO0000000O000OO
0000000000, (1)D0000 H 000000000, Namah-Roquejoffre 0000 . O
00000 Fathi, Roquejoffre, Barles-Souganidis, Davini-Siconolfi (O O ), Fujita-Ishii-Loretti,
Barles-Roquejoffre, Ishii, Ichihara-Ishii (00 ) 00 O0O0OO0O0O0O. 000000000 T
00000000, 000 n00000000000R"OD0D0000000000O0O0O0O0O0O0O
oo0ooooooooo.ooooooooog.

00000000, T (D00 RY)OOO (1), (3)000,0000ceR 0000000
O0vec(T) (000 C(RY)), ie. H(x,Dv(x))=c¢, 0000,

u(z,t) — (v(x) + ¢t) — 0 uniformly on T"(locally uniformly on R") as t — oo

googo.
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g, 0oooboobobootboodgo. ggggoag.
(A1) (000D) H(z,)OD zeQO00O000D000D0.
(A2) (0D0O) H(x,p) — oo uniformly for x € Q as |p| — oo.
(A3) (000DO0) Q000000 QD C'00000.
(

i)000ooooo
+ H( <0 inQx (0,00), (4)
(C) u(z,t) + H(z, Du(z,t)) >0  on Q x (0,00), (5)
u(z,0) = f(x) in €, (6)



000. 00 (A1)—(A3)000 (C)DDDDuGUC(Qx[Ooo))DDD,DDDDDDD.

u(z,t) mf{/ )) ds + f(v(0)) | v € AC([0,¢],Q),7(t) = z}.
00 1.00(C)000, (1), (30000 (000000)0000.
(ii) Dirichlet 00 00O
ut(x,t) + H(z, Du(x,t)) =0  in Q x (0, 00), (7)
(CD) u(z,t) = g(,t) on 9 x (0, 00), (8)
u(,0) = f(z) in 0, (9)
0o000. 00 (A1)-(A3), g € UC(092 x [0,00)), f(z) < g(x,0) on 02 x [0,00) O OO, (CD)

DDDDuGUCQx[Ooo))DDD 00ooooo.
u(z,t) = mf{/ ) ds + £(1(0)) | 7 € AC([0, £, 02), 7(t) = =}

/\mf{/ ) ds+ g(y(7),7) | v € AC([0,t],Q),v(t) = z, 7 € (0,t],v() € ON}.

000,0000000 Dirichlete00D0OO0O0O0O0OODOOODOOODODOODOOODODOO.
00 g(z,t) 0 gi(z,t) + go(z,t) 00000,
(A4) g1(z,t) — 0 uniformly on 9Q as t — oo,
(A5) 000 (2,t) €02 x ROO DO, ga(x,t) = gol(z, t + 1)
gooogo.
00000000 (G), (i) 00«000000000000000O0O0000. 00,0000
00,9z, )0t—-occl0000000000O0DOOODOOODOOOOOOODOOOOOO.
oo, oobobobobbotbodgoooo, oo, oboboboogoag.

cg:=inf{a e R | H(z,Du(z)) <ain QOOOO0O },
er (7,y) = sup{v(z) —v(y) | v e C(Q), H(x, Dv) < cy in Q},
Ag:={ye ] dey () DO0O0O000O0D0DOOO Y}, g(x):= igg{gl(a:,s) + g2z, 5)},

vf(z) :=min{d, (z, 2) + f(2) | 2 € Q}, vg(z) := min{d(z,y) + g(y) | y € 9Q}.
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