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It was a great surprise for us when we heard that we received the 2021 Outstanding
Paper Prize of the Journal of the Mathematical Society of Japan. We would like
to thank the editorial board members for choosing our paper, and will take it as
encouragement and inspiration for future endeavors. JMSJ is an excellent journal,
making it a great honor to be in the company of previous winners of the prize.

Our paper is about the Fourier coefficients of Siegel modular forms of degree 2,
which are still in many ways mysterious objects. In 1986, Bocherer formulated a
now famous conjecture relating averages of such Fourier coefficients to the central
L-values of the associated spin L-function. There is a constant of an unknown nature
appearing in Bocherer’s original conjecture. Our paper is all about this constant,
called cy. We prove that ¢y is a product of certain L-values, the Petersson norm of
the modular form in question, and some elementary factors.

We also explain in our paper how Bdécherer’s conjecture fits into the framework
of the more general Gan-Gross-Prasad (GGP) conjecture. This naturally allows for
the incorporation of a level N, which was 1 in Bocherer’s original conjecture. In
its refined form, GGP reveals that the part of c; that captures the level is really a
product of local quantities J,, one for each prime dividing N. In addition, there is
a factor J for the archimedean place. The technical heart of our paper consists in
calculating the local quantitites J, for square-free N and J.

We remark that Bocherer’s conjecture has recently been proven in many cases by

Furusawa and Morimoto, making some of our results unconditional.
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